RT oo v LB E € DORERE

FEF #hsh
201746 H 20 H, 20256 A 1 H

https://m-katsurada.sakura.ne. jp/complex2/

BRBEEGR (LUNEIC TREEGR) &) Tl Laplace AR OGEFYERE (K7 > > v v
MEE FHINE 2D 2) DRELLBENDS, ZOFHFEMHEIHNT %,

RT T v VRIETIE, 278 D —fRANCIROIFE & — B D L0053, B M D BARRY 75
RTRE S ZLEIMT. 2L DO5E. BUEGTE TR Z KD 2 Lk, WS OBIEMR
EDBMHTE 5, RRNLEUEMREZET %,

HRBEERIOZAET, ZONERZH > TWA 702 I L0 LD 5 W AE. M
RIS F 7,

B &
1 EL®»IC 2
2 RTFIIvI)LEREICX T D Dirichlet ORIBY Poisson AERICK T 358EDHZE 3
2.1 K7V X LREEIZNT 2 DOIF(EAERH, Dirichlet OFE# . . . . . .. .. .. 3
2.2 Poisson SRR T A99EDOHTE . . . . 4
221 1XICOGEDTREDTTE . 4
222 1XRILOBEDOEIREREE . . . . . 6
223 2XILOGEDTREDITE . . . 7
3 BREHRZEZY FreeFem++ 7
3.1 FreeFem++ 707 T L (FED1) . . ..o 7
3.2 FreeFem++ 7077 4 (2D 2) ADEERT > v L2 RDD ... . .. 9
3.3 LI L L 11
331 BT TFOaTT A 13
4 FAER, Riemann OERTEIE (TFEH) 14
5 MHIEHOFAER, Riemann OBKREIE, A7 vILBEE L DBER 17
5.1 WU DIT . . 17
5.2 Riemann OFEAREF . . . . 17
5.3 HUHMHEMOGEOEFEABGOERbSEH .o 18
54 Jordan FEEBOEMBEGERDZ T AT L 18
55 (MI20GE) ZEEMEBOEGE ... 19


https://m-katsurada.sakura.ne.jp/complex2/

6 Laplace ARERICW T 2EEXBDSE 21

6.1 MEE . . ., 21
6.1.1 FEARBEEIE ... 21

6.1.2 Poisson HFEINDEHE . . . . . . 21

6.1.3 Green ORI (FEZ) . . . . . . .. 21

6.2 EARBREDGE .. 22
6.3 EMNEFEABERERDZI-ODOREFOFE . .. 23
6.4 Python 12X % Jordan MOEABROHE T 774 000000 24

A RTFIIvILBREICH T D Poincaré-Perron DFHE 26
B Poisson FRERICH T IEDE 27
B.l BEARMIZZEZTT . . 27
B2 1ICTA Y MO o, 28
B.2.1 ZEHARER 28

B2.2 CEZEOTOZSAB . ... 29

B.3 2XILDHE (RERZEMN) . .. 31
B.3.1 EOARER .. 32

B.3.2 Zo A GE 1 XGER) Of7H RZbPARE L 33

B.3.3 MATLAB O 27T A . . . 34

B4 REITRWHEBICBITBZE0IE . . . 36
B.5 BECN 36
C Eigen 514735« %ZHBW: Jordan SEIHOFABKROFAE OIS L 36

1 FL®IC

Laplace HTER Au =0 OHEFEREZRT v ILBREE VWS, EHIFOFEE - Bk
FMBAEL (Z 77 AFEXDOMR) TH 57D, BEEwHDODHE ZHbDEERIGHTRT > v )b
MRS T %, B2 IXBEBGR CEEREHD—>TH % Riemann ODEREHICH N 5 FEA
Bz RD27-012b, KT v v VEEDENS,

(2 ZoTiAHE UIEEREROMEE R 7 > > v L ¢ 1&. Laplace SFEIND Neumann 35 5B &

A¢p=0 1in 2, @:v-n on 0f?
on
DIRETH B, VW5 Z e ZBUTKEN L, 20 X5 RSH EOMEICIEE SRV, WvwH 2
ERR L TH BV, )
Z 2T L&k L 7= Poisson J7FE DR FERE

(1.1) —Au=f in (2,
(1.2) u=gy in I,

ou .
(1.3) o, % i I

EZ3D, 22T QW FHNOHEET. IT & I, 3ZF08ER 00 20 LE-50TH3
=N U, 1N =0 YD), nidl, EORICEITE, 2 OFfaEBAERR S
FLTH S, f, g1, 0 BH5ZBNT-BETDH B,



Fix, ZOMBEZIEEICTHO RWHETH D, ﬁ&&ﬁ@%ﬁ&ﬁﬁ%ﬁ%éo;_fm
(1) ZSE, (2) BRERE, 3) BEXBOFELHNT

2. BREREX. RS ﬁ&fkﬁ?éﬁﬁﬁﬁw\:ﬁx&yﬁ—Ftéi%%
DT, ZOVISEHRITEEBNMHERZDIEEREBZ oML, HAMDTIHEE, Wk
FZDOHREARBEN D> TWB WS, Laplace TERDRME R ARICE DT HIET,
Laplace HIERDEE L L TIIFHITENRTVWE L F X %,

2 RTUI¥YILBREICN T B Dirichlet DRIB ¥ Poisson A
XIS I 255D HE

ZOHIDIH: BIRBEREDFNE, HEAW D ZHHT 27210 T, X2 Z2—0RHICR 5
TLEDLO2RARY 2a—20HYH, & THERHETHMHEKZ S DTIER WD, FreeFem++
(ZAUFEOREN L2V O F a7 I 2%k 720oBc LT LEDbRWEDIZIX, 59
NZDDLoH»D LI-ER (59RO AIE) BH 5 e Z2fHoTHRLWL, & X,

SR TEZ. BRORM D ARG TR RSV DT, ZXEHEIED. 20D
bbb,

2.1 RF2PvILEEIC T ZEDOFESA. Dirichlet DJRIE

G. F. B. Riemann (1826-1866) A%, 5 Tl% Riemann OEGEMH & XN 2 @M EZRR L -
B (1851 4F) 1T, Laplace 723X Dirichlet 5a5H i

Au=0 (in), u=g (ondf)

D uw DEET B Z LT 3B E Uz, RIZZFNZLIRICHAT 2 [Dirichlet @
FRIB! ) 2 HWT G L7z,

Riemann ICK B BDFEAADH 5T L HHREMN u=g (on 00Q) Zifi/7zT v DHHT
// w2 +ul)dedy (2@ J % Dirichlet 57 & FE.R)

PER/MNITBHDIE. Au=0 Ziii/=3F, ZDFEZE% Dirichlet DRB L IR, EE,. v &
v=0 (on 9N) ZHMiITEEOEKL TS & %,

f(t):=Ju+t] (teR)

Wt =0THRNERZ (BEROIE u+itv BRICLEASM 2T DT, m/IMEDIRED S
Ju+t] > Jul. e fTEWIRZD L. f(t) > f(0). T fHt=0THRNMI%ZZZ
YEE®T S, ). £IAT

:Ju]+2t// (uwvx%—uyvy)dmdy—l—ﬁ// (vi%—vi)da:dy
Q Q

THED B, [fIE2RBEHTHY, t =0 TRAL KRB0

1 RO%RE // (upvy + uyvy) dedy =0
0

172 A Td. Dirihlet &4 D#EFTICHTRI=DIZ L D,

3



DREATH B, Green DIEDNI2 Zi#EHL T

// (Uzg + Upy)v dx dy = 0.
Q

CHPMEED v IZOWVWTHD LD I DD, Au = Uy, + Uy, = 0 (BEICIE. BSEDOHEAM
WS EHEEAT ).

Y Eo#iwr s, Ju ZRANCT 2 L5k o 2 RIHIZHENRRT 2 e B9 5, J
WFHEIC T >0 2230 T, JORNCERTHD 2 Z2IFHSL T, - T J O RRIIEE
3%, Riemann &, (ZO MRIZFMETH 20 56) ZMEZ G X % u DMFET 5. Lifkam L
T2 D7D Weierstrass 1 ['NMRISHR/IMETH 51 T L ITEREZ R U ( TBEEMT) 25AR
ANE. WRIZ S Welerstrass 3V v AIZ5RETALEI D), m

a4 L LTEL 72 o7 Riemann 1%, Weierstrass OIHNCE Z 5 Z e 3K h o
Too T DEMIEIC K B TERREEIAIE. £ 50 8% (1900 4EEH) 12 D. Hilbert 23R 3 2 £ CTHH
WXz,

A%, Dirichlet DI, C. F. Gauss (1777-1855) 2L —> T, YHEOMATIZI T
WZHISNTWE 27T £% Riemann DSHIREBEEICICH L 72D, WO RGTZT 5 A
HW 5

2.2 Poisson AR ICKT T 255D HE

Dirichlet JFH % Fiw 2 777%1&. Laplace AR DZ < oMn AT LT H IR S .
ST T8RO AE N5,

SIRDITENE. BUEETE Y M X . Z I A E < W. Ritz IZ & % Ritz DAEIX.
1909 FEICHRINAXE., BEELMAZ 5D TWVWAE, 20 Ritz-Galerkin JEIZERERED
Higr o TW3,

2.2.1 1XRTDIHEEDIEEDHE

DD, FT1IRICRTHE % (ZROCTHORERREWVIZ RN,
FxDOHBEEIROMEDRERDZZTH %,

. i (P) N
(2.1) —u'(z) = f(z) (z€(0,1)),
(2.2) u(0) = «,
2.3 W (1) =

N J

e KD 27 DICHEDOE R Z T 5,

Z OEESHERE (P) Offid, INICHAT 2H&E (W), (V) DT D 5,
¥ I8EAL (weak formulation) L7-fi7E (W) 2R X 5,
ZDDITESE X, X ZEAT 5,

(2.4) X :={ve H(0,1)|v(0) =0}, X, :={veH(0,1)]v(0)=a}.

2Green DTN I, / Auv dxdy = g—v do — // Vu-Vvdrdy £F5 D, TAUIFEREH

aq dn
/ div f de dy = / f-ndo . f=vVu ZRATIESN S, div(vVu) = Vu- Vo +vAu, Vu-n = 2—:‘1

THDHILIWTHEET 5,




(72721 HY0,1) 1% 1 5D Sobolev ZEETH 5, BZHL ZOHREBIET 22 DAD TH]
HiZedE5, —BHHLTEL b, BEOEKT 1 MO ATHET. Z DERIHD Lebesgue
B OEKRTHRAEITH S LI BREBEEROEETDH L BAIADLAIADLS LAK
WY, EDDHZTRICLERVWTHED S ), RD2DOBKHETH 5,

(a) X & X, 3 dIHEBOEETDH 5,
(b) X & X, WWET 2% vid. \EAKFL LTEAEh 0v(0) =0, v(0) = o ZiH/F,

( FIIIEJHNL.E (W) \
Xy WET 2 uT
1 1
(2.5) / u' () (x)de = / f@)v(z)dz + pfv(l) (veX)
0 0
Zi7z T D KD X,
NS J

(2.5) DEE (W) 1I2BF 2 TR EPRIREZBDTH S50, T2 (weak form)
IS, R (W) Off v e X, ZLOREDTEEE (weak solution) &R,

(P) DN (W) ZH-I L ud (P) ZiiTeds, EFEDve X & (2.1) ITHITT,
0,1] T L. EDERT 5 L.
1 1
W@l + [ @ @) do= [ @) do
0 0
X OEFEDS 0(0) = 0, 72 (2.3) DHD ODT,
[/ (z)v(z)]y = v/ (1)o(1) — /' (0)v(0) = Bu(1).
W 212 X X
/ o ()0 (2) da = / F@)o(z) de + Bo(1).
0 0
Fhbb o ZHE (W) ORTH2,
F 1. k& (W) offid, C? flicdhiud. (P) OfTddH 5 Z & ent,

A2 57 1783 (variational problem) 12 L7zd D Z bR 5%,
s i (V) ~
X, WESS uTJZ2RNITZHD, 2D

Jul = inf Jw] (inf 3FEFHIE min EFNTHRLV)

weXgy

Ziilz b DERD K, 7L

1 1
Ju) == | W' (x)’dr— | f(z)v(z)dz — Bu(l).
\_ i /0 /O J

SENER NS IR NAD T DIH: P (B2 2§ 2 D &) ofyIMERk#EZ 2877 R & IE2,
TITIE J: Xy, = RONEET, wid J ORMEZGZ 2R ERoTWVW5,

bt



J P TH 2 Z L ITHERL LI,
(W) & (V) IZRMELRBETH D, FIc—BNREL RO Z L BHBNEZ D %,
M 2. (W) & (V) DREZMETH 2 Z L Z2mE, (B b

1 2
Jm+¢ﬂ-unm:4[// w%@ﬁ@)-f@ﬁ&@ﬁ&dy—ﬁwn]+€2//Oﬁ+v@¢m@
0 Q
B D V10 2 b SRR BT X B, )

[HIRE (V) Offt (Z24Ud (W) OfETDH2) RO RTHB e 2l b L. (P), (W), (V) iF
HEWZAfEZBEE WS Z 22725, (W) = (P) i&. Dirichlet FFO—{tTH % (Laplace
Fi#2 D Dirichlet HEFMEMBE DS E. 2D J & Dirichlet 5 (D 1/2 ) Wl &80, ),

Z =GR (P) MR fEb DT, (W) 30 (V) 2L 2 ¥ % BiST,

BH. BoRE. BoMEEREL 2o, Th Moy hERoMEREE, z55%
R Z e TEDMEOREZER2DNREETH 20, I 2 TIEIHIMD HEROMEZEL 725
W2, ZNEESRBEICEZIZ, 22 EERREL. C WO FHOERE L TWb, Ziux &
MEOEFEL HIENZ DI ->TWVWS,

2.2.2 1 RTDIHFEODERERE

{ﬂfi}iNzo;gf
O=2o< 1 < <ay=1

Ziti7e A LT,
X :={vec(0,1]) | v @NXM [z; - L2, Ti& 1 XZHEA L —%},
)A(::{ve)?‘v(()):()}, X, ::{'UE)Z"'U(O):a}

YBLLE X Z X T, X, % X, CBERZ-MEEZEZ S, X OBHERPRD 1 RZHE
G W L 2
KD 2 ODMFIIFETH . HWIC—BIRM 0 2R, ZhEiitlge L TRAT %,

(W) ~N
Find u € Xgl s.t.

/0 o (z)v'(x)dx = /0 fl@)o(z)dz + po(l) (ve X).

J
(V) ~N
Find u € Xg1 s.t.
J[u] = min J[w].
weXg,
J
¢ &\ i€ X, _
¢ix;) = 0ij

Zii7zTdDET 5 (ZOFRMNT ¢ T—EWNCEES), EFED 4 € X, &,
N
i(z) = ago(r) + Y _ aidi(x)
i=1

6



DI —EINC KRB 2, B ar, -, ay ZEDIUTEVD, u b (W) (H2W0E (V) %
73 28l ay,...,ay DD ZEI 1 RXGERXOBTHL L L[AMETH 2 Z 230D 5%,
FiE {z;} D [0,1]] DNFERHTHS L =, ARERME o Oz, TOMHEIZ, EDM U, & —
BT 2, bBAA. VWOBZIRBIZDITIERV (BLEZIRLIE, 200K ERZEZ 5EK
DTN,

AIRBERIRICIILTOR S D 5,

o PHILX DM ZH X ETHNE, AIREZRMO BN DPCROFmIIHRICZ 2,
o ZIULHEDLEIC, RAMHEBLUN TS, 2T EHH 7% ST DSATRET H 2,
o 70T ADOHBERDS LRI,

2.2.3 2RTDZEDIEERDAE
oD%, TO—RILTH 2 Green DFETARNICEZHLZ 27205 T, RIX 1T IRZF
RO AIRET D 5, ZDFER. KD X 5 RFHEAE LN,
2 KT PR (W) N
Find v € X, s.t.

(2.6) /gradu-gradv dx:/fvdx+/ govds (veX).
Q Q Iy

ZZT
Xg o ={we H(Q) [w=g onT},
X ={weH(Q)|w=0 onl}.

\_ J

-~ Green OF s /N ™
(2.7) / Au v de = / g—:iv ds — / grad u - grad v d.

L Q o0 Q )

1 T
(1 KTCDH 5 D, / u’(z)v(z) do = [/ (x)v(@)], —/ u' () () de WSS B, )
0 0
2DD:

@ 0
gradu = Vu = (u > , gradu - grad v = u,v, + uyvy, a—:i = gradu - n.
Yy

u

n 3R 00 EORICBT 5. NEEIBEAERNI MILTH 5,

3 BREZXRZEY FreeFem-++

3.1 FreeFem-++ 7OJ 5L (£D1)

BIREZREX, RO ERIFRE Y T2HEFBIETH 5, 20037 n 7T 2MERD D7D
DE D EEI LK Z 720, BEHOY 7 7 2 7080 ORI TW S,



ZD1DTH 5, FreeFem++* 1F, 2V 56 K% J. L. Lions if5Efi D Frédéric Hecht, Oliver
Pironneau, A. Le Hyaric, |5 SEFRFEHRERFZDORFKE RS L7z, 2 K0T, 3 KoThl@E%
BRERETHL DD, —FfD PSE (problem solving environment) TH %, Y — A3 —
B, =2 7L (400 R—=2 sg\WiR), F2 7 F v bk —2L (Windows, Mac, Linux) [A]t}
D FETEAAS Y F =IO BRI TV S,

MW Z 2k, DETEWZER 1] E WIS A ERTH 55 2 21I8T 5,

FIREREDERLRIFED—DOTH 2551 2] 12H o TV % Poisson /7R DHIE

—Au=f in ),

(3.2) u=gy inlYy,
ou )

(3.3) an =gy inly

(7z72L. Q= 1(0,1) x (0,1), I'y = {0} x [0,1] U [0,1] x {0}, Ty = {1} x (0,1] U (0,1] x {1},
f=1,9=0,g,=0) % FreeFEM++ ZHWTHEL & ¥ 572 2% D
RDED>ITa s LTI,

e Poisson2.edp ~
// Poisson2.edp
int Gammal=1, Gamma2=2;
border GammalO(t=0,1) { x=0; y=1-t; label=Gammal; }
border Gammall(t=0,1) { x=t; y=0; label=Gammal; }
border Gamma20(t=0,1) { x=1; y=t; label=Gamma2; }
border Gamma21(t=0,1) { x=1-t; y=1; label=Gamma2; }
int m=10;
mesh Th = buildmesh(GammalO(m)+Gammall (m)+Gamma20 (m)+Gamma21(m)) ;
plot(Th, wait=1,ps="Th.eps");
savemesh(Th,"Th.msh"); // optional
fespace Vh(Th,P1);
Vh u,v;
func f=1;
func gl1=0;
func g2=0;
solve Poisson(u,v) =
int2d (Th) (dx (u) *dx (v) +dy (u) *dy (v) )

-int2d (Th) (£*v)

-int1d(Th,Gamma2) (g2*v)

+on(Gammal,u=gl); // on(GammalO,Gammall,u=gl)
plot(u,ps="contour.eps"); y

I LI TFAL - T 4 X — (B E Mac Tld. Cot Editor, VS code, Atom,
emacs, 7 ¥ A b « TF 4w M RE) TERL. X—IFAh b,

(j ARSI L THEST :)

FreeFem++ Poisson2.edp

Y ZA FLUTHEITTE S, F—EROZLIROKIIHED . RiklZ F—%4To
TR TT %,

‘http://www.freefem.org/ff++/
SFFXFARN LT 4y MT, TFAD - 77 AV AT - RWET 2. HTOREVDLETDH %, https:
//m-katsurada.sakura.ne.jp/knowhow-2015/nodel.html % & K,

8
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DERARE
RIIIAK
RS

N 0
R

1: Poisson2.edp D1 — EZR 7 E| & RO TE EHR

3.2 FreeFem-++ 7OJZL (FD2) RIEDRERERT VI vILZKDHB
R T > v VR KD 2 EFYERE

(3.4) NAp=0 (in Q)
(3.5) S—i =v-n (on dN)

DGFEER. T1=0,T,=0Q, f=0, go =v - n.
FHZ Q= {(z,y) e R? |2 +y* < 1}, v = (;) DX, (r,y) €N ITBVWT n= (m)

Y
THE3H b,
QQZU-n: . :I+2y
2 Y



e HERT V> v V%KD S potential2d-v0-kai.edp’® < ZHERIFET 2 —

// potential2d-vO-kai.edp

//  http://nalab.mind.meiji.ac.jp/ mk/complex2/potential2d-vO-kai.edp
/] 2 RICIEHERER T > 2 v ViR

// HERT v, HEZRD, FRT > v URR, EESE <

border Gamma(t=0,2*%pi) { x = cos(t); y = sin(t); } // FIHEFHEIK
int m=40;

mesh Th=buildmesh (Gamma(m)) ;

plot(Th, wait=1, ps="Th.eps");

/1 RD 247X 1 REEXZ LS L 5 Eik

fespace Vh(Th,P1);

Vh phi, v, vl, v2;

/1 BEFEIEDRGE

func Vn=x+2x%y;// QMHHFT, V=(1,2) DL X V- n=x+2y

func Vn2=((x>0&&y>0) || (x<0&&y<0))*(x+2xy); // H ELETFDHA

/] BERTF Ty LdERD B
solve Laplace(phi,v) =

int2d (Th) (dx (phi)*dx (v)+dy (phi)*dy (v)) -int1d(Th,Gamma) (Vn2+*v) ;
/] VR 02T 5 (RO—EBMWIRW), WAL LEZRELRALVZHT
real mean = int2d(Th) (phi)/int2d(Th) (1);
phi = phi - mean;
/! PDFEER (FERT Vv i) Bl
plot(phi,ps="contourpotential.eps",wait=1);

/] RZ FVE (v1,v2)=V P ZHi (b ro iR )
vi=dx(phi); v2=dy(phi);
plot([vl,v2] ,ps="vectorfield.eps",wait=1);

/] FRT VT v MR ERD M UVIE % FEIRFICH <
plot([vl,v2],phi,ps="both.eps", wait=1);

J
(&~S%ﬁfl5bfﬂ$f%% ™
curl -0 https://m-katsurada.sakura.ne.jp/complex2/potential2d-v0O-kai.edp

75 MITFAL T 4 Z— (Cot Editor, 7 ¥ A b+ =7 4 v b7 Visual Studio Code,
Vim, emacs 72 &) TIER L. X—IFNn56,

TATRE ST L THET

FreeFem++ potential2d-v0.edp

ERATLUTCHETTES, VR=V - F—2F DT ROKNTHEA, ik (N7 MG E
RT V¥ ¥ URRZ N T B W) 1F Escape ¥ —%FT o TR T3 5%,

2: Q =AML E|

TTEZPLT 4y PT, TFRAL - T2 AN AN - WET 2B ETORENLETDH %, https://
m-katsurada.sakura.ne.jp/knowhow-2015/nodel.html % H X,
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X 3: —HEIRDERT > v )UER, Tk, X7 bL

ZD7ur7 L&, KD PostScript 7— & “counterpotential.eps”, “vectorfield.eps”,
“both.eps” ZHI L TW3,

(k. EosERIEBO—EER 0D T (00 28T Neumann 5HREZHZ00), 207
077 03P LIV TADDH 5, )

3.3 I
(2022/8/12 iB7L, 2023 FEDIFETHWZ 72D, LIXSH K THEA, NEDIEL SIMRIAEL
2\ )

MBI E YD X 512KD 502, Jordan fEETHIUX, B EORNEEOED
(x) = / v-nds

EHRHED TRD N D DT (Cp A LI e EmZ AR LT, BHRICih-oTax T
T 2HFRTH %), Dirichlet IHFHERMEZ RN TRD HN 5,
Z:%f\%L%%ﬁifuﬁ%ﬂﬁ%@\%@Nwmwnﬁﬁ?~&§%%*®%ﬂéo
g—fl:—v-t’C“%éo

HWERT Ty L EEBRICUTIRNERSIRDONE Z i1k b, DLEEFEIIZINFTK
SVWTWEDRo (b ko I EFR LW, L TEEY 2R WA, BokT 3 &
FFVDT, LODHATEVEXERZZZIIBLTEL,

Ehoht\nd TEAEBERIKNE) B e

¢ 2MILERII3IRITTDOEES v BHEERT > v L 2HOEDITIE, RADLELZLTH
52, Thhbb

rotv =20

MDRETHD, F/2ZOFMEDPDID e &, BEEEB CIEHEERT V> v L ¢ 237
ET 5, EBE TED I IINLT, a»b x IZ2580R C, ED

qﬁ(m):/mfv-dr

MBHEERTF Yy LR 5,
2RI IR TCORBLDOFANTIIERERT VO VILDEFEEITZIEHEFTES

o HEL v DHERT VI vl ¢ BDIEHETILE, 9013

A¢ =dive in Q, %:v-n (on 0N2)
on

11



Zii7e . FHIRNDIFEMDEL G, ¢ EFFMBEETH 2 DT, 00 ETD v-n HIBEA
L35k, ZHUE Laplace HFER D Neumann HFERETH %,

8¢ ds—/ v-nd.S:/divvd:v:/Oda::O
m@n o0 Q )

THL0OMRPFEL. EBCEZFRWTEINCEX %,
Y 32 XS v OTRABITH 5 L i3

Vo= =0, Py =u
DD DZ L L ERSND, FETHDIZIE

—v ou Ov
r0t<u>_8_x+8v_dlvv_0

%6 Y. THROBIFFEMHELRARNTHZZ LR ETH S, ZOEMDH-IhTw»
. HUEGEE T H UL

() ¢(w)i=/m<;v)-dr:/wv~nds

TERINS ¢ BIRNERTH 2, BEEINZFHEFETRLTH, ZoRUTED ¢
23 well-defined ISR 25E803H 5 2 Z“C@%) Bl Z X HEANNZAR D S WERRED Jordan

ﬁﬁl&~glhﬁ%D\Q—R2LJDkZKoTDT\ﬁﬁﬁﬁ&JlngMGZ
k=1

/ v-nds=0
Dy

LS MDD O 51E, (V) EINBIEEED 3,

0> TORREITH 0

2 RITIEERB AN TIEHNEROEET 5 C LARTES

MOBEE ¢ DRIET 272613
A = —rotw

MDD, FHZRT Vv UIRTHIIRR L TH 2006,  ZFAMBEKRTH 3,

Q 2 Jordan THITH 23585, 00 LS a ZEEL T, FED £ c 0Q IZH LT, a b
5 x ISR LR C, ZHUD

\Il(m)::/ v-nds
EBVWT U: 00 - R PERTE 5,
Atp=—rotv in€, =" on

&9 Dirichlet HEFEMEZ EIFIE o DEON S ? ZHEHRZ LDOGEICR -7 T
B D78,
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o 00 FT v ZHlo TR, Neumann HHFUEREOMEYLY L THKRD HNBE 00727

oy I A R U —v\ (0 -1 o
E;_an_<u> n_(1 0><u> & 0>n_ vt
Ay =0 1in Q, a—w:—'v-t on 0f2.

on
fEDTFAES 5720121

/ v-tds=0
a0

THEZEPIE? Stokes DIEM ? ZAUIART ¥ ¥ ¥ VDBFET IR S b,
o Bo Z\ ;h\lﬂ@&+(7k< /1/71:.0
o 4 /2, RIFGFHEID DEIELE R & F 5:

R:<O_j’

1 0

Zhz w3 Cauchy-Riemann HER u, = v, u, = —v, &
Vv = RVu

EEHIT 5,

g_:ﬁ=W~n=RV¢~n=V¢-R—1n:w~<—t>:—v-t-

o 2UTIEHEMEIR T, MO © BHFEELZ ST, ZDHA

—AY =rotv in a—:i:—'v't on 0f).
v DRT VT Y IVDMFET 25813, rotv=0THOH, £

O

ds——/ v-tds=— Vo-tds=0
a0 On o0 o0

3.3.1 Y>7IL-TOISL

potential2d-v2.edp EWIHIH YT Fu I ArHELL, THUTHAMPREE Q ©
R 0O %

[y : (z,y) = (cos,sinf) (0 € [0,7/6]),
[y : (z,y) = (cos,sinf) (0 € [n/6,7)),
[s:(x,y) = (cosb,sinf) (0 € [m 47/3]),
['s: (z,y) = (cos,sinf) (0 € [47/3,27])
LW 4 DDERIIITTT
—2 (onI)
v,=4¢ 1 (onT}j)

0 (OH FQ U F4)
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ELEBEDYIal—Yay - TR LTHS,
(’potentia12d—v2.edp ~

// potential2d-v2.edp

//  https://m-katsurada.sakura.ne.jp/ana/potential2d-v2.edp
/1 2 ZKOIRIERER T > v LR

// HERT > v, MEERD, FRT V> v UER, HES %<

border Gammal(t=0,pi/6) {x=cos(t); y=sin(t); }
border Gamma2(t=pi/6,pi) { x=cos(t); y = sin(t); }
border Gamma3(t=pi,4*pi/3) { x=cos(t); y=sin(t); }
border Gamma4(t=4+*pi/3,2%pi) { x = cos(t); y = sin(t); }

int m=20;

mesh Th=buildmesh(Gammal (m)+Gamma2 (m)+Gamma3 (m)+Gamma4(m)) ;

plot(Th, wait=1, ps="Th.eps");

[/ XD 2 TRy 1 RZEAZ S 205 Eik

fespace Vh(Th,P1);

Vh phi, psi, v, vi1, v2;

/! GERFEORRE

func Vn1=-2.0; // Gammal TIIE W& K

func Vn3=1.0; // Gamma3 5 3 < HEZK

func Vn=(x>0)*(-2.0)+(x<0)*1.0; // x OFF5T Gammal, Gamma3 ZXHILTE L ® 3

/] EERT vy LOERD D
solve Laplace(phi,v) =

int2d (Th) (dx (phi)*dx (v)+dy (phi) *dy (v))

-int1d(Th,Gammal) (Vnl1*v)-int1d(Th,Gamma3) (Vn3*v) ;

// -int1d(Th,Gammal,Gamma3) (Vnx*v) ;
/% 02T 5 RO—BHEDZRVWD, AL UL RERIALVEZHET
real mean=int2d(Th) (phi)/int2d(Th) (1);
phi=phi-mean;
/! ODFER CERT VT v L) &<
plot(phi,ps="contourpotential.eps",wait=1);

/] N7 MV (v1,v2)=V o ZHi (B ro b))
vi=dx(phi); v2=dy(phi);
plot([vl,v2] ,ps="vectorfield.eps",wait=1);

/] FERT VT v U e XY MV [ERICHE <
plot([vl,v2],phi,ps="both.eps", wait=1);

// B ERD B
func angle=(atan2(y,x)>=0)*atan2(y,x)+(atan2(y,x)<0)*(atan2(y,x)+2*pi);
solve LaplaceD(psi,v) =
int2d (Th) (dx(psi)*dx (v)+dy (psi) *dy (v))

+on(Gammal,psi=-2*angle(x,y))

+on(Gamma2, psi=-pi/3)

+on(Gamma3,psi=angle(x,y)-4*pi/3)

+on(Gamma4,psi=0) ;
plot(psi,ps="streamline.eps",wait=1);
plot([v1,v2],phi,psi,ps="all.eps", wait=1);

4 FAHAER, Riemann OEREIE (ITEH)

(ZDOXFEIZ, 2018/6/18 DFfEFD 72D X E 08-20180618 JLFHEHEIE . pdf O FEET Y
ZHBIAALRSDTH S, RO BRI —TF 5, )
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4 N
EE A1 (1) URZCOMWKT, f: U= C e35LZE, f2FEAEHR (conformal mapping)

THd ek, fHIEAIT, 22D
(Vz=eU) f'(2)#0
%ﬁf:jﬂ:t%b\5o

(2) U, VIFCoOMHEET, f:U—-V &35 %x, fIER] (biholomorphic) TH % &
. f DERHEHT, fr IR BRIEAITHE Z 20V,

)
zeU TROZEODR 2R C, Co BB ZE, CL & Cy BRIMAIE. CL 2 Cy % f
THLZ 2RO TAICHE LV, EEt=0T 2 ZEEHHR ¢: (—,6) = U LT,

d
Ef(s@(t)) = f'(¢(0))¢'(0) = f'(2)¢'(0)
t=0

THHDIH ;

arg Ef(w(t)) = arg f'(2) + arg ¢'(0).

t=0

BRI ENEo I
[ﬁiﬁﬁ 4.2 WFRIZZ H1I3FEATH 5, ]

SR w = f(2) BWERIZ BIE, fU(f(2) = 2 TEMS LT, () (w)f(z) =1 &
N2 fi(2) #£0. m

AR 4.3 LOMEOMIIE TR (FABBRIINT LS RERITIER W) 23, TFI135Em) &
FoTWVWAEAE, BEXTWAMH U T fIFHEHFTHD, V= fU) Bk, f: UV I
WIERIE 725 TWB ZeDE WV, 22 DIERD W5 FEEFEFZFLAITIRIEZEACH
NZVDT, 250V 22ROV DNd LKL, =

5l 4.4 (BAUMABOFAEIR) 20 D, c€C,le|=1 T3 X,

Z— 20

o(z) = € = (z € Dy)
TEZES @12 D — D 3IWERITH 5, ZHIBEZIHE»D S 20, HTEEDONIERIK
B p: Dy — Dy IR LT,

(20 € D)(FeeC:lel=1)(Vze€ D)) ¢(z)=c¢ z — 2

1—2pz2
DI D LD (REHAICIE, Schwarz D E WH EMZEZH WS, FEL W I LIEfERICHET), =

5l 4.5 H:={z € C|Imz > 0} Z L Fm& M,

pe) = (e

EBLEE o) <1 BEDILD, ZNT p: H— Dy BEFRHKZ D, ZHUINERITH
%5, ZD ¢ % Cayley B IR, =

5l 4.6 (Schwarz-Cristoffel D) (HEfiHH) m

15



BHDZ L ORI T TFAMES) L MIEN BG83 H 550, WERIBEGIIEEZBEEERICBT
BABERE S TRWTHA S, f:U =V BPIERITH S & &, HIEBEEGINZ U &
VIEFEIL, W5 ZeThs,

CHIBH EBE®RE D Z 2T, HIZR U (V) 1B 2 LUIEEmRE. f () K
EoTV (U) B2 LIEEMIRICO D5, U & V O—FTIRADHEIREF I, b
HTHI-zeichs, Fi,

FRERE WS bDEEZ L, BHENZDDOIET I e BMEICK 20, HEBEGHT
. ROEENERENTH %,

SO HERFHORFAEPD. FE 1 oM#E%E D, TRT: D, =D(0;1) ={we C||w| <1}

EIE 4.7 (Riemann OEREIR) U & C NOBERFMT, C LI3RR2HDL T 5,
ZOLE, U DoHAME Dy NORIERIER o: U — D) DFET %o

e D% U DFEMEMR, UDEMJBEREMRZ LD, (ET 312, U OFMBIE)
i, U D5 D NOMEHIREROZ L TH 3, )

AR 48 (1) & U A CUREIRETH S, EBE. C5 5 Dy NORIERIER ¢: C — Dy 317
LRV, HULIFELEET B L, p(z)| <1 DD TODT, ¢ I3ERBBEBTH D,
Liouville D7 EHIC X » T, BB TH 5, C LOERBERIBEG TIXhwh s, FJET
»HbB,

(2) BLUERSTRWIEEICH . HISOFERDE D LD, n BEEAGEE (EBIZIE. n— 1EDI
DZENTHHIR) 226, & BIFHRERR n HEA R EEA O BUERIEBRBFEET 5, Bl 23,
EE D 2 EEREMEE U IS LT, U 225 FBREB A0; p, 1) NOIRIERIERDBIFET 5,
p XU PHEE S 1 RiWDIEHTH S (U D modulus EMEIENS), =

FOEHDOIRED D & T, MERIEM o 1IZ—EINIXEZE S50, ROEHEHNK D 7D,

a N
i 4.9 (FATKROIEREEMS) U X C NOBEMERT, C ldR ki35, Z
DE, MEED 2 € QITHLT

(4.1) ©(20) =0 22 ¢'(2)>0

k%?ﬁf:?XXEEUE{% ¢: U — Dy B—HEIIHFET %, )

M (5.1) ZIERRIESRMG & S,

BT C NOAEE O HHEARIAR (Jordan #ifR) C 3. D 2B U % [T 23, U 13 Hi5H
WTHb, 255 U % Jordan TR L R, ZOHEF. AEEDOIIERIRE ¢: U — Dy 12
W LT, FAHEBRTH 2 & 5BIER ¢: U — Dy DMFES 5 Z IS TV (Carathéodry
DEE),

FOHEEX. KTV v VEEERL 22 Te 3 KRELZEZFHHAL X 5,

S) =0 ¥72B 5 Q BMBY . BIH £(2) = L) 13 (20 ARETTRERATH 50

Z— 20
T) U TIEAITH 3,

Flzo) = tm 2L i) 20
z—=z0 2 — 20
THZILITHERT S L, f(2) #0. U RHE-ETH 255, log £ —fMERIRIEAE

£3 5, ZDFEE - EE% u,v ELEI:

u(z) == RelogM, v(z) :=Imlog M
Z— 2y z— 2
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IFHIFSOFEEHTH D Z e b

(4.2) Au=0 (inU).
S5
(4.3) u(z) = —loglz — 20| (2 € 0U)

MDD, FEFE 2€0U DEZE, p(z) €Dy, THBDOE |p(z)|=1TH305

1
u(z) = Relog 2 (2) = log #(2) =log —— = —log |z — 2| .
Z— 2 Z— 20 |z — 2|
ERAY.0X5!
(4.4) u(z) = —loglz — z| (2 € 0U).

CHERT VY LVHETH Y, O —EIICHFET S, THOLTCudEESD, vidu
DI Y L TEREEREEE %, FiIC v(x) =0 27T D DEIER,
O
p(2) == (2 — 20) exp [u(2) + iv(2)]

U5 D ANORIERIBERTH %,

5 MEIEOFEAFTR, Riemann DEREIRE, "7 vILEEL
DR

(FABBOERRE HELINEL, 2017/6/28 Di#EFD X €, NEHEREEH #H&/ — M)
D6 R R THFITEHETL L, )

5.1 FLC®HIC

BAEGmICIE. RO FATHR (BERER) WO BEERMELD 2, 52 o5 8 Q 10t
U, P D X 5 72 B A5 E RN D (OBUERNC B IERIIRBE%Y @2 Q — D MIFET %
LE DR QOFEAEBR. HDHVIIEBRREBE R,

ZZT®:Q— DWERITH 2 id, IERHITH Y, HEBOFEL, Mk o~ D — Q
HIEHITH B Z 2 Z WS,

[C NOBEFEES Q T, C 2IZEZ 33D LT, Q OBHBEK & B FEET 3] W
5 Riemann OEMEHZENT 5,

K12 Q 2% Jordan PAFFR CH ENZHIBDEEIZ, © 3D 2 KRT V¥ ¥ LEEDREZ -
TREDZZLEHRNT 2, KTV v LHEORERE Y EbE 2 v, BABEBOBIETE
EDELN 5,

5.2 Riemann OEB{RTEIE

(BRTZNRDICHHT 2060 - Z0ELAE ZHELHITELRV)
U, VZCOHEEET2, p: U—V DBWEATH 2 LiE. ¢ DIERITHORHH T, o}
HIEHITH B Z 2 WS,
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Q% C OHEFHERT. C L3RR T2 L =, MEAIER
©: Q= Dy =D(0;1)

PIFTES % (Riemann OBREIR, 1851 4F),

ZD oDz Q OFAER, H5VITEREK L TSRS,

[EIRE ¥ 72 2 FEI O FEABIRE LIZ LIRS D, ZD7-, FOFEFEIEEHRIN, &
BRI NTE T2, ZAHFEERDEE D Schwarz-Christoffel mapping 72 ¥i&, K
DR T, MEZRE. NOHERBER TldaL—L T\, BEBEEGROEZTD R =2 —
=Y

5.3 HEERREOSEDFAEROERLENF

Q% C oBHEEEE T, C LIZELRS2HDE T 5, Riemann OBMREHIC I D, QO DEA
Big
0: Q2 — Dy =D(0;1)
DIFET S, ZOEBRIEZ—EICIIZEE S 0D, RO D VLD,

/
ME 5.1 Q% C 2idEAL 2 C OBBEGEEINT, 20 2 Q DEREOLL T2, ZOL =

(5.1) ©(20) =0, ¢'(20) >0

L EWVW IS &M TRERIES o Q — Dy i3, FETUI—ENTDH 5,

)
SEBE 1, o DEDEMEMZT T2, h =00t EBL ¥, ¢: D = Dy EXERIE

$(0) = 3 (91 1(0)) = @2(20) = 0
THHMb,
(FeeC:le|=1)(Vz € Dy) ¢(z)=e—— =¢z.

&AM

e = /(0) = mw@ > 0.

THHEDPH, e=1. DRI YP(z) =2 DRI pa=¢;. W

5.4 Jordan EIHODEFEHEREZKDHZ 7LV XL
R 7 BEE S RIS Jordan fEIES D 3,
Jordan BHRE IR

C N®D Jordan BARIER C WXL T, C @ “PHEe” 7HEK Q 2EF D, Q I3FHR 0o Bk
T, ZOHEFIZ C DIBITF LW,

COEMTHEEMREEI N2 Z. C DED S Jordan FHIE & FER, Jordan FEIE O 13H
HAGE TH % 2> 5. Riemann OBAREEIC X > T, Q OFEAEMR o BIFIET 505, LRI
RT XD, pld. DE2RT VI Y LREZBES ZIRKoTRD B Z IR S,

SEHEGRICB VW TEAGMRLIZ, Wb I3 ¢ £0 ZH-TERBEROZ 25T, —N—0EAE G

0 U—>ChrHdexE, BBZV =9U) TEEHMI, ¢: 2 ¢(z) € VIIMERITH 2 (§(2) # 0 fEH
WE»PNS), LIFLIE, FATKR WS 52, NERILBEBOERICHES Ze23H 5, d

18



R 5.2 Riemann OEHREMDIT A D Riemann 12 K 5aEHHIE. LR OFREIZEVWD D TH -
T d THIED Green BB HWTHIRTZ 5, LFHAT A A WS (F 7] rE, RBI1ELE,
Z 9D ZDHETIE Green BIEIZOVWTER L TWRWVA ), =

ZDEE, ¢: Q— Dy BVERIESRT, (5.1) 2T L L5, Q 0T SEAMEAD
MBS 5: Q — Dy LR T E % (Carathéodory DEM), U TR g DZrd ¢ &FELZ Y
123 %,

s 25 g 0 TEMITHD. o 0 LLSEERS RV, Q BHEEHETH B H 6,

zZ— 20
l%§E}®—ﬁE%&%&ﬂmhéo%®£%\@%%%h%hmvtﬁ<:
— 2o
u(z) + iw(z) == log (2)
: p——
D EERZI S & | o(2)
_ plz
u(z) = log P

2€00 DEZE, p(z) €0Dy, TROB |p(2)|=1TH30 b6,

(5.2) u(z) = —loglz — z| (2 € 09).
—73
(5.3) Au(z) =0 (z€Q).

(5.3), (5.2) 1. Laplace 772D Dirichlet HFERETH 5, ZHZHENT u KD, v
% u OIHZFMEAE T, v(z) =0 2T DL T DL, o ERDXSITKF 5,

p(2) = (2 — 20) exp [u(z) + 1(2)] .

5.5 (HHViE) SEEEEEOSS
QO PHEEFETRVWE Z13? D) ZHEETH L0 5. o Q — D IENEAITIES D 2720,
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C O Q3. C\Q 2 n— 1 HOEER D05 L &, n EEFEHTHZ 215, fi
Z1E (C\{O} 2 C\ D, GZE&ERE. C\{0,1} I=FEETH 5, (HEFEE, 1HE5IHY
LT, filige C\QM1M®LFW T BIRE— DEDHEETDH S, )

Q 76)2%@ T 25,E.1 KD/ r 8 QORI A(0;r, 1) ={w e C|r < |w| <1}
D EANDOIIERIER o: Q — A(0;7,1) DIFET %,

=HEGEM FOBE S, AL TV

6 Laplace AIERNIC T B3EEKBEDHE

2. AREREE. R TERICH T 2 EHOBUEMRIETH 505, KT ¥ v L
BDYER, ZOREZED LIBHRBEENI W O H 5, I TREXBOTGEZHEN
KIS

6.1 Zfg
6.1.1 EXECI
3%%@%@E@):i%%32%ﬁ®%éE@):—%ﬂgM|%<A®E¢ﬁ(me

fundamental solutionn) & FE3,
E BFERDAVTIEFAMBERTH 2 Z L 3L E T 5:

AE(x) =0 (zeR"\{0}).
EHIT, BEBOEETES t (HRETADT)
(6.1) —~AE =6

ﬁf}ﬁbﬁoo ZZTH @i Dirac 0)7‘}1/&55;&(%5
VIR 72 R BN B T B BRI O BT O KT ¥ S v B(a) Th B,

6.1.2 Poisson AIEXND4F5E

rB L,
~AU = f

DD ALD RERIHSHEHE L WV), DF D U 13X Poisson FIERDFRHETH %,

vi=u—U 2B, Av=0DBEDHIIODT, f=0DHEDOREL I ITITEWL
TR 5, (EBRICBRU ZET2 3 Lvw 222, BUETRAm ETIERV2rd L
N0, )
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6.1.3 Green DL (B F)

Green D 2 87 /N

ou Jv
— u=— = Au — u\
/m (Ué?n u&n) do /Q(U u — ulv)dx

ZHRALT, RD Green O 3D %2152 (REBHOFEMIIME T 2205, BA%GERD Cauchy O
B ANARDFAD & 512, z ZHLE T 2RZFROVZFEIRT Green OARZEHL TH 56, BK
D" 01TADIT 5, FLLIEHB D835 %R E )o

- [ Ba-poutiy+ [ By g, [ y)Ea-yds, = @) (o)
Q o0 Y o0 Y 0 (%’ cR™ \ﬁ)

(z € 09 DBEF/ENE 3THIENERDTH 5, )

(a) u ¥ Au=0%Z3THEoIE e QL T,

() = /6 Bl - y)aa—u(y)day _ /a ) u(y)aiE(x )y,

Ty Ty

TROL, u DFMBEETH 2 L 5, u, Ou/On D 00 TOED DI, u(z) DIEHZ D
RTKREZZ vick s (IEHIBEE® Cauchy DESARIETWT, FOToH 2 0R),
BRI S0 TVEDT, b IFEKRDIUIEBVWZ Ick B,

DURIEHDVERIC 32 FlZIX Ty =0 D& %=,

1 ou 0
591@) = /m E(r — y)%(y)day - /BQ gl(y)a—E(f - y)dgy-

y Ty
s 0Q BT ou/on ZRD 2 Z e K5,

(b) u 235 0Q DEFET 0 B HIE, 2 € QITRL T,

—éEu—wAwwwzu@»

COHEERBEIRIRT 5L —AE(x— ) =06(-—) £725,

6.2 EAXBDFE

DD, T'y =0 OB D Laplace e\ D5 FERE

Au(x) =0 (ze€),
u(z) =gi(xz) (xel'p=00)

ZHD LT 5.

Q 23 & B REREHOH REROB G, < OB ERES— BRI < ¥ I3
5TV,

Q7 (P Y 7o, BAIGY ) BRI E LTOBHAIC. M u 2R 5 AR < DBl
BATVAH, T ZTIE% < DBHAIMA L MIEMEERNT 5. —RENTHEH, <0
BEC BT IR LR E 195 C L 251K 5.
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O OHERZQ % (BT E 512 £ {y) Y, 2.

N

uM(2) = 37 QuE(r — )

k=1

EBL (bBAA. E X Laplacian OREARBETH %) TIT Q1,Q2,...,Qn EFREFRKTH
%, INHMMATH-TD

AuM (@) =0 (z € R"\ {y1,92,---,yn})

DD LD, B L ulN(z) = gi(z) (x € 0Q) DD TE ™) FRETH 2, XTHICZAR
HEDRWZ EIED-72cB I 6V, ZLDGE, R 00 ETEAER 21,...,25 I
LT

u™ () = gi(z;) (G =1,2,---,N)

B3 X912 Q) BRDDZZHEKL, oL %

DD DOZ EHHFTE S, ZDIEE%R . the method of fundamental solutions (B4
D 753%, fundamental solution method), » 2 WIFHERE (charge simulation method)
EIERY,

RD &S BHEHD %

o LIXLIFEREDISHBIMAIRD
(3C eR)(Fpe (0,1)) (YN eN) |lu—u™M| <Cp"

B LD (ZDBEIE, FEMECEREZIE Y LT, BRSO DR VAR
TELNE),

o V) HEDRMBITH D, K

N
1 T — Y .
—5- Qe 2 KTEORR)
j=1

2

.I‘_ .

gradu(N)(x): O | Yl
T —Yj W NT=

47;; |z — yj]

D EHIT grad BEHZHETZ 2 (RT7T V> ¥ LD grad BDRERIGENRZ VDT, IEH
WERTH %),

HARBOFELINC, BEARREZR S 2%k LT, IRRERE (boundary element method,
BEM) 23% %,

6.3 EUFAEREZRDDICHDXREDTE

FEFENZ, §5.4 TRREMFHRORD L. BAMRD HEEAASDE . FRAR 7L
DY R AEEE L (4). EREMHT 3,

YZOEEIX. y1, ..., yv THREFNCEMNE Q1, ..., Qn DEMEZEWVWEZL &, ZASEMDIESEHDO KR
FrTe A o) THB, L WVWHIHEFEITESL,
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§5.4 CHA LIS EHWS,
u DL u™) ZRABOHFETRKD LS, Ne NIZHLT, {GHY, 2 TQ 2ED T &
512) C\Q 2 5EU,

N
(6.2) u™M(z) ==Y Qxlog|z — G
k=1

tB<o TITQr BARNMDIERTHS (k=1,...,N)o {z}}L, & 0Q %> 53E, collocation

equation

(6.3) u™M(z) = —loglz; — 2| (j=1,...,N)
T{Qr} ZED 5,
KBTI BH,
C N
(6.4) FM(z) %+Z@Mg g Qo= Qilogl|z — ¢
k=1

B, TITLog 3FMEERT LTS (C\ (—00,0] ZEHRIHKE T ),

N
Re f Zleog!zo Ck\+Zleog :Zleog’Z_Ck’:U(N)(Z)
k=1
THhH,
FO(z0) %+Z@m) ??QMZN—%ER
BWIEZ B Y Im fM(2) =0. 2O fMZ, f=u+iv DRVIEPTHZ EEZ LN,
~EHEOTILTY XL N

(1) (6.2), (6.3) T {Qx} ZED 5,
(2) (6.4) T fN) ZED %,

(3) oM (2) := (2 — z0) exp fM) (2) TEFENB o) %, HHEM 0. Q — D, DFEMLE
LTHRAT 3,

J

6.4 Python IC& % Jordan BEIHOFAEROAETOT Z L

Q=D OFEABBEEZLD, Q& D BELVDT, Q05 D NOMEAIBHE L
T, HEER id(2) = 2 BN 2 DIZEHETH %,

EREEFIC X > Tld. 20N DBDE N5, EBE. 2 € Q 2 LT, Q OEREK
0: Q= Dy D55, IEHEM

©(20) =0, ¢'(2)>0
iz, FiT 1 RoBE#

(6.5) p(z) =




THHIEDPHOENT VS, 20=0DLZE, p=id L7RBRTDH 5,

Z 2T, AIETHALZRKBFOHIET Q OEEAEREZRD T, EOFEAER (6.5) &
HARTAHAZ Z 2T 5,

(BRADDD o TVWBREZRL Z8IZXoT, 7TV X/ 7 .DIEL S F =y
735, WS LRLIRELNE T 7 =v 7, )

REOHETE Gy, {2}, BEINSEIDELD 525, SOBER Q FMBFERT
B555. (Gl £ LT

Cg:R@@2%k (k=1,---,N) (RiZ1 XhKREWVE),
{Zj};yzl eLT
21y
2j = exXp — (j=1,---,N).

PIRAT2O0PEHATHA9, R LT, tWHZT R=2TetELTAS,
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(fconformalmap.py

import numpy as np
import matplotlib.pyplot as plt

def amanomap(z,z0,n,Q0,Q,zeta):
s=Q0
for k in range(n):
s += Q[k]*np.log((z-zetalk])/(z0-zetalk]))
return (z-z0) * np.exp(s)

z0=0.6
R=2
N=80
dt=2*np.pi/N
I=1j
thetas=np.linspace(0.0,2.0%np.pi,N,endpoint=False)
zetas=R#np.exp(I*thetas)
zs=np. exp(Ixthetas)
a=np.empty ((N,N))
for j in (range(N)):
for k in (range(N)):
alj,k]=np.log(abs(zs[jl-zetas[k]))
b=-np.log(abs(zs-z0))
# Qk (k=1,...N) & Q0 ZR®32
Q=np.linalg.solve(a,b)
Q0=0
for k in (range(N)):
Q0 += Q[kx]*np.log(abs(z0-zetas[k]))

# SIROTIIEDEHZTE. AIBULIZE ST 5Dk
plt.clf(
fig=plt.figure()
fig.set_size_inches(5, 5)
plt.axes() .set_aspect(’equal’)
m=20
nr=m
rs=np.linspace(0.0,1.0,nr+1)
nt=4*nr
ts=np.linspace(0.0,2.0*np.pi,nt+1)
#zs=np.empty ((nr+1,nt+1) ,dtype=np.complex128)
ws=np.empty ((nr+1,nt+1) ,dtype=np.complex128)
for i in range(nr+1):
for j in range(nt+1):
zs=rs[i]*np.exp(1j*ts[jl)
ws [i, j]=amanomap(zs,z0,N,Q0,Q,zetas)
for i in range(nr+1):
plt.plot(ws[i,:].real,ws[i,:].imag)
for j in range(nt+1):
plt.plot(ws[:,j].real,ws[:,j].imag)

plt.show()
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e conformalmap-v2.py

# conformalmap-v2.py

import numpy as np
import matplotlib.pyplot as plt

def amanomap(z,z0,n,Q0,Q,zeta):
s = QO0+np.dot(Q,np.log(np.divide(z-zeta,z0-zeta)))
return (z-z0) * np.exp(s)

z0=0.6
R=2
N=80
I=1j
thetas=np.linspace(0.0,2.0%np.pi,N,endpoint=False)
zetas=R#np.exp(I*thetas)
zs=np.exp(I*thetas)
a=np.empty ((N,N))
for j in (range(N)):

for k in (range(N)):

alj,k]=np.log(abs(zs[jl-zetas[k]))

b=-np.log(abs(zs-z0))
# Qk (k=1,...N) ¥ Q0 Zk®3
Q=np.linalg.solve(a,b)
QO0=np.dot(Q,np.log(abs(z0-zetas)))

# SRR EDEHLT L, AR S T2 00Nk

plt.clf()

fig=plt.figure()

fig.set_size_inches(5, 5)

plt.axes() .set_aspect(’equal’)

m=20

nr=m

rs=np.linspace(0.0,1.0,nr+1)

nt=4*nr

ts=np.linspace(0.0,2.0*np.pi,nt+1)

#zs=np.empty((nr+1,nt+1) ,dtype=np.complex128)

ws=np.empty ((nr+1,nt+1) ,dtype=np.complex128)

for i in range(nr+1):
for j in range(nt+1):

zs=rs[i]*np.exp(1j*ts[j])
ws[i,j]l=amanomap(zs,z0,N,Q0,Q,zetas)

for i in range(nr+1):
plt.plot(ws[i,:].real,ws[i,:].imag)

for j in range(nt+1):
plt.plot(ws[:,j].real,ws[:,j].imag)

plt.show()

A RF2Iv)LREREICN T B Poincaré-Perron DAHE

(HEfir)
N D720 6 GRFHEIER. O & 2 &3 % ERMERALRT EBIEFHEORITILOH D LILE W,
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1.00 A

T

0.75 -

0.50 -

0.25

0.00 -

—0.25 A

—0.50 A

—0.75 A

—1.00 A

—-1.00-0.75-0.50-0.25 0.00 0.25 0.50 0.75 1.00

X 8: KEFDITIEIC X i AE G

B Poisson AIERXICK T B EDE

(BRI RE 2 7 —RAETH 20, K72 v LREIZE L T2 AU EERTH R0
DT, ERICANTELITIED B, )

BRI NEEMN L & S, RO 7DIHEBUIIXHE (1 0T TE#R7. 2 XTTREGE)
95,

B.1 BFRNBEZXS

=57 (finite difference method, FDM) TiX, XD 2 20DE X xHW 5,
o WM TRERICE TN LB E Z N THE A 220 HER OB LIRS %,
o HIHEMFICXYI-> T, TR LOEERD 2 Z %2 HIEICT %,

W R OWHAERE I $ % Euler %, Runge-Kutta R E2F A Z & 23H UL,
HFRLLTWVWTHA S,

flx+h) = f(z)

(B.1) fl(z) = - +0(h) (h—0),
(B.2) fa) =19 i(x “M om) (o).

(B.3) fl(x) = +O(h?*) (h—0).
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(B.4) i) = LW Z2HORTECZD) | o) (10,

flx+2h)—2f(x+h)+2f(x —h) — f(x — 2h)
2h3

(B.5) " (z) = +O0(h?*) (h—0).

(B.6)
f””(ZE) _ f(x + Qh) - 4f(ZU + h) + Gf(;;; y) - 4f(33 - h) + f(l" — 2h) + O<h2) (h N O)

ZARAROIRERBIL Z o 2 Y ITHAS LR TEMT 5, HlZIX
x4 hyy) = 2u(z,y) + u(z — hyyy)  u(z,y+ hy) — 2u(z,y) + u(z,y — hy)
2 " 2

Au(z,y) = u

+O(h3+h2).

B.2 1XxTA> O
Q=(0,1), 'y = {0}, Ty = {1} DHFAE. (1.1), (5.2), (1.3) 1F. RO XS cEHE=XHZI N5,

(B.7) —u'(z) = f(z) (z€(0,1)),
(B.8) u(0) = a,
(B.9) u'(1) = f.

B.2.1 E&HAHERN

1
h:AiL':N, r;=1h (1=0,1,--- / N,N+1),

Ui—1 — 2U; + Ujq1

_ = f(z:) (i=1,2,---,N),

(B.10

) 2
(B.11) Uy = @,
UN+1 — UN-1
(B.12) *T =8
FERE L TROEN 1 XAEADE SN 5:
2 -1 O Uy fi «Q
-1 2 -1 Uy Ja 0
Lo =R 4]
-1 2 —=1||Ux; fn_1 0
0 2 9 Uy fa 26h
B 5 WIIRBATHNE MFME LT (ML DB D T 1/2 2003 T)
2 -1 O U, fi «
-1 2 -1 Uy fa 0
Lo =R s |+
-1 2 1| [Ux Froa 0
0 11 U iy 8h

Z DREATHNIRER B 1T 0T, [FRITH %, W2 IEN 1 X5 RERNE— B Es
oo, £/, ZoREITINE., tHAfRe ZOMBED DAMNZ 0 2iZkoTWwWa, WhWwb=8H
WATTHITH D (GHI 1 XAERBRIEI=HAERX I S), Gauss DIHEETIIERMIC
(O(N) DFHEET) i Z e K5,
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B.2.2 CEEO7O7ZLH

#
#
#
#

poissonld.c --- 1 XJL Poisson /72X

*
*

* - uw’(x)=f(x) (0<x<1)

*  u(0)=a

*  uw (1=

*

¥ BENETIRL F005 A, cglsc avy KTy A L&IEITHES.
*
*

u(x)=(x-1/3)"2 DFE. a=1/9, B=4/3 --—- 2 XEEZDTEEBIT 2

include <stdio.h>
include <stdlib.h>
include <math.h>
include <glsc.h>

#define MAXN (100);

/

/ ZEXAITHID Gauss DEEFEIC KD LU 4fF

void trilul(int, double *, double *, double *);

/

/ LU D% FHWT=IHT R 2/ <

void trisolil(int, double *, double *, double *, double *);

/

/ Poisson FERXDEHH

double f(double x)

{

}

/

return - 2.0;

/ B

double solution(double x)

{

}

return (x - 1.0 / 3) *x (x - 1.0 / 3);

int main(void)

{

double alpha, beta;

int i, n;

double *x, *al, *ad, *au, *u;
double h, h2;

alpha = 1.0 / 9.0;

beta = 4.0 / 3.0;

printf("n="); scanf("%d", &n);

x = malloc(sizeof (double) * (n + 1));

al = malloc(sizeof (double) * (n + 1));

ad = malloc(sizeof (double) * (n + 1));

au = malloc(sizeof (double) * (n + 1));

u = malloc(sizeof (double) * (n + 1));

if (ad == NULL || al == NULL || au == NULL || u == NULL) {
fprintf (stderr, "XEVOE DY TITKML L L7 \n");
exit(1);

}

h=1.0/ n;

for (i = 0; i <= n; i++)
x[i] = i * h;

h2 = h * h;

for (i = 1; 1 <= n; i++) {
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ad[i] = 2;
auli] = all[i] = -1;
uli] = h2 * £(i * h);
}
/* BNBE 1/2 555 */
ad[n] = 1;
ul[n] *= 0.5;
/x FEFITIRTGEM */
ul[1] += alpha;
u[n] += beta * h;
/*x BN 1 RITRERZ L */
trilul(n, al, ad, au);
trisoli(n, al, ad, au, u);

/% 75 7 DUE(R =/
u[0] = alpha;
g_init("POISSON1D", 170.0, 170.0);
g_device(G_BOTH) ;
g_def_scale(O,

-0.2, 1.2, -0.2, 1.2,

10.0, 10.0, 150.0, 150.0);
g_sel_scale(0);
g_move(-0.2, 0.0); g_plot(1.2, 0.0);
g_move(0.0, -0.2); g_plot(0.0, 1.2);

/* HCERRZEAEL */

g_move(x[0], solution(x[01));

for (i = 1; 1 <= n; i++)
g_plot(x[i], solution(x[il));

printf("Z Vv 7 L TREW\n");

g_sleep(-1.0);

/* ZRRZEIR I */

g_line_color(G_RED);

g_move(x[0], ul0]);

for (i = 1; i <= n; i++)
g_plot(x[i], ulil);

printf ("x=1 CTOEM %, Z0MW %, 3R7%E %e\n",
solution(1.0), ul[n], fabs(solution(1.0) - uln]));

g_sleep(-1.0);

g_term(Q);

return 0;

}
/* 3WEJTRENX (REATHID=ENATH 237 1 KGTEAD I &) Ax=b Zf#<

A
n: ARHDEEL
al,ad,au: #3i7 1 XTERXORBITY
(al: NAMO T i.e. F=MAHET (lower part)
ad: XTI i.e. MAHEEIT (diagonal part)
au: MAMRO LM i.e. E=MAE (upper part)
D%D

ad[1] aul1] 0 0
al[2] ad[2] aul2] 0 i, 0
0 al[3] ad[3] aul3] O ......... 0
alln-1] ad[n-1] auln-1]

0 al[n] ad[n]

¥ O X X X X X X X X X X X ¥ ¥

* alli] = A_{i,i-1}, adli] = A_{i,i}, auli] = A_{i,i+1},
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all1], auln] EEBRDZZW)

b: EY 1 KEEROHELOBEHINRZ b L
RFE 1 5, i.e. b[1],b[2],...,b[n] WKTF—XBA->TW3, )
o
al,ad,au: AJIUL7=RE0TH% LU DR L=dD
b: 3 1 XFEADME
Aed X
—F call T2 L@BEITYZ LU DL DINEINB DT,
LU R CREATANC B 2 88T 1 KGR EE L 72912,
BEEL trisoll() AMEZ %,
Gauss DHEFEZHVWTVWEH, PRy FOERFZIL TV
WDT, Ry hOEREZ L TOWRVWDT, BRESTHINEEBETDH S
72 ¥ DY) RS I WG E IR R RIE T Z W,

¥ X X X X X X X X X X ¥ ¥ * x

*
~

void tridl(int n, double *al, double *ad, double *au, double *b)
{

trilul(n,al,ad,au);

trisoli(n,al,ad,au,b);

}

/* ZENAITHIO LU 73 (pivoting 7R L) */
void trilul(int n, double *al, double *ad, double *au)
{
int i;
/* BIEEHZ (forward elimination) */
for (i = 1; i < n; i++) {
alli + 1] /= adlil;
ad[i + 1] -= auli] * all[i + 1];
}
}

/x LU DR AO =B AT 2 R D 3HAEX 2 +/
void trisoll(int n, double *al, double *ad, double *au, double *b)
{
int i;
/* BIEHZE (forward elimination) */
for (i = 1; i < n; i++) bl[i + 1] -= b[i] * all[i + 1];
/* %IBIRA (backward substitution) */
bln] /= ad[n];
for (i =mn - 1; i > 1; i--) bl[i] = (b[i] - auli] * b[i + 1]) / ad[il;

B.3 2RTDIFE (FBREFEMN)

RATEHEE Q = (0,W) x (0, H) DBEF. 1 X K TR L TIRZ %, SO
Dirichlet Si51ERE. 37205

=00, Iy=0 (Neumann 5522EE)
DEECHIAT 2, ZOHEF. (1.1), (5.2), (1.3) &
—Au=f (inf2), u=g (on 9dsN)

EEIT 5,
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B.3.1 EHAER
N, N, € NiZRt LT,

W H
hm:Ax::F7 hy:Ay:E,

T

r=ide (0<i<N,), y=jAy (0<j<N,)

Ko TR (11,y) ZED S,
BN D 28 T DA VT v 7 ADEER

wi={(,4)|1<i<m, 1<j<n}, m:=N,—1, n:=N,—1,
EROBR LICH 2 FHDA VT v 7 ADHEE
v:={(,0) [0 <i < NJU{(i, Ny) | 0 < i < NJU{(0,5) | 0 < j < NyJU{(No, j) |0 < j < Ny}
B fEFHNTEBI 5,

fw=(N; —1)(Ny —1) =mn, $y=2(N,+N,), #wUv)=N+1)(N,+1).

U1, —2U;; + Uiy Uijp —2U; 5 + U j .
(B.13) — Ve — A = flziy;)  ((0,)) € w),

(B.14) Uij = gi(zi,y5)  ((2,7) €7),

LS ENTTERDMB Uy % w(z,y;) DEMEL T2 008RVEHFTE 2,

ZAUF (N, + 1)(N, + 1) THORHEL U, ; ((i,)) € wUy) IDWTD, (N, +1)(N,+1) D
LXAERTH S, U, ((i,5) €7) & (B14) 5050 5DT, 2k (B.13) ITRALTHE
T2, (N, —1)(N, — 1) HORFEL Uy ;5 ((i,7) € w) IZDWTD,

(B.15) N = (N, — 1)(N, — 1)

HD 1 X EADE SN,

REEDEE & TEKOEEAE L VDT, IETAZ R 3 281 1 XTREADBITE
B2 THB, EBRICZST 27D, Uy ZAHNRTIDDORY MUIZT2REDND 5,
URZOZe2RTT2H, BT 0TI 2B REMWEL 2T, StOLBEIZRNT
H255,
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B.3.2 EHAREN (EiLl1 XAREN) 0175, XJ MILKRIRA
D7, [FI2X Dirichlet 5E5t5H (g1 = 0) DIGEICEHIAT 5,

Un (@1, 1)
U f(l‘% yl)
Un,-1.1 f@n,—1,1)
Uiz f(xh 92)
Usa f(z2,y2)
U = : , F= :
UNrLz f(iUNfl, yz)
U1,Ny—1 f(xlv ?/Ny—1>
Uan,—1 f(z2,yn, 1)
UNz—l,Ny—l f(:BNz—la yNy—l)

By, EoHERADLSRD X 5 EN 1 RGEABESNS:
AU = F,

1 1
(B.16) A= (]Ny—1 & ﬁ(QINZ—l —JIn,—1) + ﬁ(2INy—1 —JN,-1) ® INw—l) .
T Yy

CITRMANDT Y NHEZRTLSTHO., [ 13 k ROBEAATHI T, ERDIED kK
ESATATH D &5 %,

1
1 0 1 O
I = )
1 0 1
0 10

(FELI3HEH [5] 2R &, )
Tl L EELLEDREDIC, U, F ORT U, F, ZRTRLTEL,

(B.17) U=Uyj, Fi= f(xi,y),
(B.18) (=i+(j—1)(N, —1).

DED . MM TR (v, y;) 2 1 XTMCAERTESE2DT720, LW 22 TH 5,
WARTIE—@ D Tld7z <. (B.18) ofkbhic

(B.19) C=j+(@G—1)(N, - 1)

WOy RMEDNS, (B.18) % row first, (B.19) % column first £ FEATXAFIT %, KX
IZHE % MATLAB 7027 ATl (B.18) AL TH %,

VG, ) s OWEFNX, % N, —1 TEl-72RDefEZE i1, -1 2 THUIRWV.
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B.3.3 MATLAB 7O 5L

MATLAB" ZEFDOH 2> IaL—yay - V7 27 ThH3 (FEH [6])o

HIIGRFETIE A4 L A Z L TW B DT, FERHFETIUIMEZ 2 £ 51275 (MATLAB
TAH 7 1 £ > x12),

(bBAAMNET —<I2 & 200 REMFEETHMHHATE Z2AMHEMEL D D 2EMMEIX
W, ZOFET MATLAB Oz 5 5 RM@IE R0V, 2 2 TIEBEC MATLAB %415 T
WBANBEFIZH Y T s T 77 2 ERBALTEL, (BB, BAEXEZMHL /290D MATLAB
TaZZ ROV TE, KT, 8] R K )

(B.16) DREATHI A 3ZRD T w75 LA TatEK S,
e poisson_coef.m ~

function A=poisson_coef (W, H, nx, ny)
% RITIHIR (0,W) X (0,H) IZHBIF 3 Poisson /HFEARD Dirichlet HEFEHHE
% Laplacian &7 L7ATHZ2KD %,
% £JTE% nx X ny HOEFICHEIL TEDTAMT 5,
% MATLAB Tl
% (1) 175X Fotran Y [AFRD column first TH D,
% (2) mesh(), contour() X2 MTHIHE] & 2(j,1) LEHRFOIEL ML LD T,
% 1=i+(j-1)*(nx-1) ¥ row first ¥722 X5 1 MBS T3
hx=W/nx;
hy=H/ny;
m=nx-1;
n=ny-1;
ex=ones (nx,1);
ey=ones(ny,1);
Lx=spdiags([-ex,2*ex,-ex],-1:1,m,m)/ (hx*hx) ;
Ly=spdiags([-ey,2*ey,-ey],-1:1,n,n)/(hy*hy);
A=kron(speye(m,m) ,Ly)+kron(Lx,speye(n,n));

W=3 H=2 f=1 N,=30, N,=20
DEE. RO7Fa 7o A CTatEHEK 3,

"Uhttps://jp.mathworks.com/
2http://www.meiji.ac.jp/isc/matlab-tah/
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oisson2d_f1.m
P N

% A (0,W) X (0,H) T Poisson HERDFEIR Dirichlet HEFHE R % fE <
W=3.0;

H=2.0;

nx=30;

ny=20;

m=nx-1;

n=ny-1;

% AL 1 XX ERT 5,

A=poisson_coef (W, H, nx, ny);

% WEHADA vy a2« 7y FEHAR

x=linspace(0,W,nx+1); % x=[x_0,x_1,...,x_nx]
y=linspace(0,H,ny+1); % y=[y_0,y_1,...,y_ny]
[X,Y]=meshgrid(x,y); % ZAUIDWTIZ meshgrid() DA% A X,
% f=1 OBE

F=ones(m*n,1); % Z ZZjHiR% & —fRDIEFITEDFIED T 5,
%

u=zeros (ny+1,nx+1);

u(2:ny,2:nx)=reshape (A\F,ny-1,nx-1);

%

% 77 7 O RK

clf

colormap hsv

subplot(1,2,1);

mesh(X,Y,u);

colorbar

% EERR

subplot(1,2,2);

contour(X,Y,u);

%

disp(C M%ZERET%);

print -dpdf poisson2d.pdf % FIHTZ2 7+ —~<v NI doc print THH %

J
Bl 3. 7’02 J L poisson2d fl.m &, f=1 DHEERMEEZMEL 076 TH2H0, —fit
D f OGECHEZEL 7077 A2 FRE X,

DUFOBIZE. f(z,y) = —2(2* — 3z + y* — 2y) DHE (BERIZ u(z,y) = 23 —2)y(2 —v))
Dz FLL 72 DTH 2,
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0.8

0.6

04r

0.2

9: —Au = —2(z% — 3z + y* — 2y)

[ 4. 70275 L4 poisson2d f1.m {&. [AX Dirichlet H5 &M (u = 0 on 02) DHEITHIE
IR T F L TH B M. JEFX Dirichlet HERGEMF (u = g; on 002) DA % fiF <
7a s g L fERE X,

B.4 XETHEWERICEITREDE
(HEfi )

B.5 #&U

o AN EROBEHIILBIT 2D 2TV (MADME - 220 R, STTOMD TER
DIEPUTHE > TWVWB Z E D2 DT V) B, EDRONKSP, Z5 A% —L2DREN
72 Y ORI, b & DR TEROUE DA BEN D 5 (RMEE R 2 Dl
LW,

o ZHILDYE. HARDHDT o T 28I Z i 5 1T TRMNEITIL 5,

C Eigen 514735« ZBAW Jordan IO EFEAFRDET
B7003L4
ARSLHNZ Python Z W% L - o nkfidlz, MENE C++ ZHVWTW:z, &
EFETZRHHETEL,
EAERNZIE. ZOFOFEICIE MATLAB 25 OMFATH 55, Z ZTid, C++ TR
7 Mov, ATANCE S 2HEZ 3 27D MR 7R - 5475V 4 TH5, Eigen ZFIH
LTADS (B, C++ Tl HEHEMFES OBHHETH %),

3http://eigen. tuxfamily.org/
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WWW %4 F5 5, eigen-eigen-5a0156e40feb.tar.gz D & 5 BRAHI DY — R+ 774
LW—AREAFLT, UFOXIICA YR b=LTF 3,
~ MacBook DX — I FATRDLSIA YR b =L ~
tar xzf eigen-eigen-5a0156e40feb.tar.gz

cd eigen-eigen-5a0156e40feb
1s

(Eigen 23® % Z & Z1aR)

cp -pr Eigen /include ®»%WE cp -pr Eigen /usr/local/include
T—=HAT T 7 ANZEFENRT WA, Eigen EWH 7T 4 L2 M 1%, “/include
K’AP/usr/local/include D MZav—LTw3,

J

(R IC72 213 Y, Eigen %AWz, Runge-Kutta {EDH > 7V - 705 A https://
m-katsurada.sakura.ne.jp/complex2/ball-bound.cpp Z#AM L TEH L, T 1L Dft:
Jiv ETof5E ERICEVWTH 5, )

Q=D;=D(0;1), 20 =1/2 DHFEZRNTA LD, DF D MIERIZ

p: Q— Dy
<.
©(20) =0, ¢'(20) >0
i3 d0ERD B, ZDOGEIF. 1 ROBEH:

Z— 20

ﬂdzl_%z

DIRETHDZ Do TW5b,

conformalmap.cpp't — HIZIX & —IF LT

[curl -0 https://m-katsurada.sakura.ne.jp/complex2/conformalmap.cpp ]

ELTXyu— KR35,

~
*

conformalmap.cpp -—- FHEIRDOEEIEG] (BEABOFEORFERAN—T a V)

g++ -I/opt/X11/include -I/usr/local/include conformalmap.cpp
-L/usr/local/lib -1glscd -L/opt/X11/1ib -1X11
AU Jopt/X11 12 X BARD 7 7 4 Lhs,
/usr/local IZ Eigen, GLSC BAfRD 7 7 4 D3
HBRELTWVWS,

BREEIHYF Mac Tld, GLSC & ~/include, “/1ib I YA =L LT
HEELIDDH, RDEIITT BDHhIR,
g++ -I/opt/X11/include -I “/include conformalmap.cpp -L “/1ib -1lglscd -L/opt/X11/1ib -1X11
Z DA, Eigen 3 ~/include XA YA b =T 3 L B,
FH, WEHPRL>T RS,

* X X X X X X X X X X ¥ ¥

*
~

#include <iostream>
#include <complex>

Yhttps://m-katsurada.sakura.ne.jp/complex2/conformalmap.cpp
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#include <Eigen/Dense>

extern "C" {
#include <glsc.h>
};

using namespace std;
using namespace Eigen;

// MatrixXd 13K % XAEFRICIEECTE T, KOD double DITHI
// d(double) DfXHDIT i(int), f(float), cf, cd (complex<double>) ¥ 0K

// ¢ (z0)=0, ¢’(z0)>0 Zif/-ITHEAER
complex<double> phi(complex<double> z,
complex<double> z0)
{
complex<double> w;
w = (z-20)/(1.0-conj(z0)*z);
return w;

}
/! REDITHEIC X 2FAGHR

complex<double> f(complex<double> z,
complex<double> z0,
int N,
double QO,
VectorXd Q, VectorXcd zeta)

int k;
complex<double> s;
s = QO;
for (k = 0; k < N; k++)
s += Q(k) * log((z-zeta(k))/(z0-zeta(k)));
return (z-z0) * exp(s);

}

int main(void)
{
int i, j, k, N, m;
double theta, pi, dt, R, QO0, r, dr;
/] RN & AT % 5 20=1/2
complex<double> I(0,1), z0(0.6,0.0), zp, w, w2;

R = 2;

N = 80;

VectorXcd zeta(N), z(N);
VectorXd b(N), QN);
MatrixXd a(N,N);

pi = 4.0 * atan(1.0);
dt = 2 * pi / N;
// FRE |zl=2 LO%ESME
for (k = 0; k < N; k++)
zeta(k) = R * exp(I * (k * dt));
// cout << "zeta=" << zeta << endl;
// B 1z1=1 EOFES R
for (j = 0; j < N; j++)
z(j) = exp(I * (j * dt));

/] BREBATHN DHE
for (j = 0; j < N; j++)
for (k = 0; k < N; k++) {
a(j,k) = log(abs(z(j)-zeta(k)));
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}

/! Hil

for (j = 0; j < N; j++) {
b(j) = - log(abs(z(j)-20));

}

// Bk RD B
Q = a.partialPivLu() .solve(b);

// Q0 &R 3B
Qo0 = 0;
for (k = 0; k < N; k++) {
Q0 += Q(k) * log(abs(z0-zeta(k)));
}

g_init((char *)"GRAPH", 150.0, 150.0);

g_device(G_BOTH) ;

g_def_scale(0, - 1.2, 1.2, -1.2, 1.2, 10.0, 10.0, 140.0, 140.0);
g_sel_scale(0);

m = 20;

// RDH DB

dr = 1.0 / m;

dt = 2 * pi / (4 *x m);

for (i = 1; i <=m; i++) {

for (j = 0; j <=4 *m; j++) {
zp =1 * exp(I * (j * dt));
w=f (zp,z0,N,Q0,Q,zeta) ;
if (j == 0)
g_move(w.real(), w.imag());
else
g_plot(w.real(), w.imag());
}
}
/] TRSHRRDG
for (j = 0; j <=4 *x m; j++) {
theta = j * dt;
for (i = 0; 1 <= m; i++) {
r = i % dr;
zp = r * exp(I * theta);
w=f (zp,z0,N,Q0,Q,zeta) ;

if (1 == 0)
g_move(w.real(), w.imag());
else
g_plot(w.real(), w.imag());
}
}
g_sleep(-1.0);
g_termQ);
return O;
}
~ AR YA ~
g++ -I/opt/X11/include -I ~/include conformalmap.cpp -L ~/lib -1lglscd -L/opt/X11/1lib -1X1
(GLSC ZFIH L TW\WT, HREIEF} Mac TlX, ~/include, “/1ib 14 ¥ A b —L X
NTWVWBZEeZHELTWS, EOFIET, Eigen » ~/include 14 YA =L L TH
W7z, )
J
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;20 =06 12k 3 2 FHDEWDM, BERHROGRZ V72,
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matlab.pdf (HTMLiR® & %) (2005 FE~).
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